A point x 6 X is called universal element for a family $> of functions from X to Y if the set {f(x);f 6 <£} is dense in Y. In this article we show that every residual Gj-set in a completely regular space X (every residual set in is the set of all universal elements for some family of continuous functions from J to 1 (for some family of quasicontinuous functions from M* to R). Moreover we investigate the sets of all universal elements for some families of monotone functions and for some families of functions having the property of Denjoy-Clarkson. 
(2) The set U is a dense G$-subset of X; (3) The set U is dense in X; (4) For each pair of nonempty sets V eTx and W eTy there is an index j e J such that

Tj(V)nw
In [8] G. Herzog and R. Lemmert extend this result for families of quasicontinuous functions. Remind that a function / : X -> Y is called quasicontinuous ( [11, 12] ) at a point x e X if for all sets V eTx and W e Ty with x e V and f(x) eW there is a nonempty set S eTx such that S C V and f(S) C W.
In [8] the authors proved the following theorem: THEOREM 2. Let X be a Baire space, let Y be second countable, and let Tj be quasicontinuous for each j e J. Then the following assertions are equivalent: ( 
1) The set U is residual; (2) The set U is dense in X; (3) For each pair of nonempty sets V eTx and W eTy there is an index j e J such that
Tj(V)f)W 7^0.
Moreover it is obvious that if the family A contains only one function having the graph dense in the product space 1x7 and if there exists no singleton dense in Y then A satisfies the condition (3) from Theorem 2 and the set U for this family is empty. The functions with dense graphs may have some important properties, for example in the case X = Y -R, where R denotes the set of all reals, such functions may have the Darboux property or may be additive ( [10] ).
In connection with Theorem 1 observe that if the space X contains an isolated point x e X then for each family A of functions from X to Y satisfying the condition (4) from Theorem 1 the point x is a universal element for A.
It is well now that there are regular topological spaces (X, Tx) such that each function / : X -> R is continuous ( [4] , p. 55).
For each a family of continuous functions from X to R satisfying condition (4) from Theorem 1 we have U = X. Therefore, if A C X is a proper G^-set dense in X then A ^ U for every family A of continuous fonctions from X to R satisfying condition (4) from Theorem 1.
But the following theorem is true: Let (Z, p) be a metric space. Remind that the functions / : X -> Z of a family $ are equicontinuous at a point x € X if for every positive real r there is a set V 6 Tx containing x such that Since the functions / G A are equicontinuous at the point x, there is a set V G Tx containing x and such that
But the family A satisfies condition (4) from Theorem 1, so there is an index j € J such that
which contradicts with (*). This contradiction finishes the proof. In connection with Theorem 2 observe that there is a topological space (X, Tx) such that all quasicontinuous functions / : X -> R are constant. For example, such is each uncountable space X with the topology
If A is a family of quasicontinuous functions from a such space X to M satisfying condition (3) from Theorem 2 then U = X. Such spaces may contain some dense residual subsets A ^ X. So, for such A we have A ^ U for each family of quasicontinuous functions from X to R satisfying condition (3) from Theorem 2.
However the following theorem is true:
and let Tx be the Euclidean topology T e in R fc . If B C X is a residual set then there is a family A of quasicontinuous functions from X to R such that U = B.
Proof. Since the set A = X \ B is of the first category, there is an iv-set E D A of the first category. Let E = (J E n , where E n+ 1 D E n for n > 1, n>l and E n are closed and nowhere dense.
As in the proof of Theorem 3 we define a family Ai of continuous functions from X to R such that all sets {/(x); / € Ai} are dense for x G X \ E, and all sets {/(x); / G .4i} are bounded for x G E n , n > 1.
For n > 1 put H n = E n C\B. Moreover let (w n ) be a sequence of all rationals such that w n / w m for n ^ m. Without loss of the generality we can suppose is finite. Since x € En, the set {/(*);/€¿1} is bounded and x e X \ U. So U = B and the proof is completed.
The notion of quasicontinuity is a particular case of cliquishness.
Remind that a function / : X -> Y, where (Y,p) is a metric space, is cliquish at a point x € X if for each positive real e and each set V 6 Tx containing x there is a nonempty set W e Tx contained in V such that oscwf < £ ( [12] ).
In the next example we show that there is a countable family of monotone functions from R to R which are discontinuous only at one point (so they are cliquish) satisfying condition (3) from Theorem 2 whose set of all universal points is empty. We will show that the family A satisfies condition (3) of Theorem 2.
Let V,W € T e be nonempty sets. Since the set A is dense in R 2 , there is an index k such that (x^, y^) eVx W. Consequently,
yk€9k(V)nw^<l>.
So the family A satisfies condition (3) from Theorem 2.
THEOREM 6. Let X be a Baire space, let Y be second countable and let A = {Tj\j £ J} be a family of functions from X to Y. If there is a set A C X of the first category such that for each f € A the restricted functions /l(X\A) are quasicontinuous (on X \ A) and for each pair of nonempty sets V E Tx and W € Ty there is an index j € J such that Tj(V \ A) fl W ^ 0, then the set U of all universal elements for A is residual in X.
Proof. This theorem is an immediate corollary from Theorem 2. Since the space X \ A is a Baire space and for each / € A the restricted function /l(x\/l) is quasicontinuous, so the set U for the family A -{Tj\(x\A)'->J £ J} is residual in (X \ A). So it is also residual in X. This finishes the proof.
In connection with Example 1 we have: 
S = (x -e, x + s) x (y -£, y + e).
Since the graphs of monotone functions are nowhere dense in R 2 , the set So the family A satisfies all hypotheses of Theorem 6 and the set U for the family A is residual in R. This finishes the proof.
Finishing we will consider the families of functions / : R -• R connected with the density topology.
Remember that x is a density point of a set A C R if there is a Lebesgue- Observe that if for a function / : R -• R and a point x there is a measurable set A 3 x such that the restricted function /U is continuous at x and ...
We will say that a function / : R -» R has the property (pi) if / has at each point a path satisfying the condition (i) (i.e. for each point x there is a measurable set A 9 x satisfying the condition (i) such that the restricted function /|a is continuous at x.
A natural generalization of the property (pi) is the property of DenjoyClarkson ( [2, 3] ). For n > 1 let h n (x) = f(x) + w n for x G R \ C and h n (x) = f(x) = 0 for I6C. Let A = {h n ; n > 1} U {g x ,n'i x eB and n G iV}.
Remind that a nonempty measurable set
Evidently all functions from the family A have the property of DenjoyClarkson. Moreover the family A satisfies condition (3) from Theorem 2 for X = Y = R, T x = T d and Ty = T e , but U = R\ E is not residual in (R, T d ).
